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A diffusion approximation based on renewal processes with applications to strongly biased run–tumble motion
We consider organisms which use a renewal strategy such as run–tumble when moving in space, for example to perform
chemotaxis in chemical gradients. We derive a diffusion approximation for the motion, applying a central limit theorem due
to Anscombe for renewal-reward processes; this theorem has not previously been applied in this context. Our results
extend previous work, which has established the mean drift but not the diffusivity. For a classical model of tumble rates
applied to chemotaxis, we find that the resulting chemotactic drift saturates to the swimming velocity of the organism when
the chemical gradients grow increasingly steep. The dispersal becomes anisotropic in steep gradients, with larger
dispersal across the gradient than along the gradient. In contrast to one-dimensional settings, strong bias increases
dispersal. We next include Brownian rotation in the model and find that, in limit of high chemotactic sensitivity, the
chemotactic drift is 64 % of the swimming velocity, independent of the magnitude of the Brownian rotation. We finally
derive characteristic timescales of the motion that can be used to assess whether the diffusion limit is justified in a given
situation. The proposed technique for obtaining diffusion approximations is conceptually and computationally simple, and
applicable also when statistics of the motion is obtained empirically or through Monte Carlo simulation of the motion.
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